
Lumènh 'Askhsh sthn Migadik  An�lush

Dhm trioc Qristìpouloc ∗

2 IounÐou 2013

Jèma 1o
'Estw h dunamoseir�:
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(a)UpologÐste thn aktÐna sÔgklishc thc dunamoseir�c.
(b)BreÐte anadromikì tÔpo gia touc suntelestèc cn.
(g)Na upologÐsete touc treic pr¸touc ìrouc thc dunamoseir�c.

LÔsh
(a)
H dunamoseir� eÐnai gÔrw apì to mhdèn, �ra ja qreiastoÔme thn apìstash tou
plhsièsterou sto mhdèn an¸malou shmeÐou thc f.
BrÐskoume ta an¸mala shmeÐa thc, ta opoÐa eÐnai oi rÐzec tou paronomast . EÔ-
kola blèpoume ìti aut� eÐnai z = −1, z = 2, �ra to plhsièstero sto mhdèn shmeÐo
eÐnai to -1 kai apèqei apìstash | − 1 − 0| = 1, opìte h aktÐna sÔgklishc thc
dunamoseir�c eÐnai R = 1.
(b)
UpologÐzoume touc treic diadoqikoÔc suntelestèc thc seir�c Laurent qrhsimo-
poi¸ntac oloklhr¸mata gia 0 < r < 1:
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AfairoÔme kat� mèlh tic (2), (3) ki èqoume:
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ìpou sthn trÐth apì to tèloc isìthta qrhsimopoi same to gegonìc ìti to olokl -
rwma olìmorfhc sun�rthshc se kleist  kampÔlh ston tìpo olomorfÐac thc eÐnai
mhdèn (Je¸rhma Cauchy) ki epÐshc thn sqèsh (1).
Telik� èqoume ìti:
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(g)
Apì thn (1) gia n = 0 kai n = 1 èqoume:
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T¸ra apì thn anadromik  sqèsh (4) èqoume:
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Epomènwc h dunamoseir� mac mèqri touc treic pr¸touc ìrouc eÐnai:
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